
6734125

6134725

7134625

6724135

7135624

6721534

6721435

71256346135724

6735124

6127534

6127435

6125734

6725134

7126435

6731425

6137425

6124735

7124635

6731524

(l67, r15)

(l47, r45)

(l45, r47)(l15, r45)

(l45, r47)

(l14, r45)

(l46, r45)(l45, r47)

(l23, r36)

(l23, r36)

(l67, r15)

(l46, r45)

(l67, r15)(l23, r36)

(l47, r45)

(l14, r45)

(l17, r25)

(l45, r47)(l15, r45)

(l23, r36)

(l17, r25) (l23, r36) (l57, r45)

(l47, r45)

(l47, r45)

(l23, r36)

(l14, r45)

(l45, r47)

(l23, r36)

(l67, r15)(l23, r36)

(l14, r45)

(l45, r47)

(l57, r45)

(l15, r45) (l17, r25) (l23, r36)(l17, r25)

(l15, r45)



1246357

1357246 23561471342756

2357146

13426571257346 2346157

1253746

1253647

1356247

1352647

1347256

1346257

2347156

1247356

1243756

1256347

1243657

2341657

(l36, r45)

(l26, r45)

(l67, r47)(l45, r36)

(l67, r47) (l23, r25)

(l45, r36)(l37, r45) (l26, r45) (l26, r45)(l37, r45)

(l45, r36)

(l36, r45)

(l12, r15)

(l45, r36)

(l12, r15) (l16, r45)(l45, r36)

(l36, r45)

(l37, r45)

(l12, r15)

(l36, r45)

(l67, r47)

(l16, r45)(l67, r47)

(l45, r36)

(l45, r36)

(l23, r25)

(l23, r25)

(l23, r25)

(l27, r45)

(l37, r45) (l26, r45)(l67, r47)

(l45, r36)

(l45, r36)

(l67, r47)(l12, r15)

(l27, r45)



2347156

2346157

1357246

13562471347256

1346257

1257346

1256347

2357146

2356147

1247356

1246357

(l12, r15)

(l12, r15) (l67, r47)

(l45, r36)

(l45, r36)

(l12, r15)

(l67, r47)

(l45, r36) (l67, r47)(l45, r36)

(l23, r25)

(l23, r25)

(l12, r15)

(l23, r25)

(l67, r47)(l45, r36)

(l67, r47)

(l23, r25)

(l67, r47)

(l45, r36)



3457261

3451267

2467351

2461357

2457361

2451367

2367451

2361457

3467251

3461257

2357461

2351467

(l56, r36)

(l56, r36)

(l17, r47)

(l56, r36)

(l56, r36)

(l23, r15)

(l17, r47)

(l17, r47)

(l23, r15)

(l17, r47)

(l34, r25)

(l23, r15)(l17, r47)

(l34, r25) (l56, r36)

(l17, r47) (l23, r15)

(l34, r25)(l56, r36)

(l34, r25)



On the next page, there are certain sub-digraphs of the quantum k-Bruhat graph for n = 7 and k = 4.

There is one for each pair (u, v) for which v is the image of u under the
quantum action of the labelled diagram:

1  .  .
2  .  .
.  3  .
.  .  4

LabelledDiagram(7, 4, [(1, 5), (2, 5), (3, 6), (4, 7)])

Note that these are NOT just the intervals [u, v]: here we only include the elements that
belong to a path of length 4 from u to v. The full interval [u, v] contains more elements.



2347156

2346157

1357246

13562471347256

1346257

1257346

1256347

2357146

2356147

1247356

1246357

(l12, r15)

(l12, r15) (l67, r47)

(l45, r36)

(l45, r36)

(l12, r15)

(l67, r47)

(l45, r36) (l67, r47)(l45, r36)

(l23, r25)

(l23, r25)

(l12, r15)

(l23, r25)

(l67, r47)(l45, r36)

(l67, r47)

(l23, r25)

(l67, r47)

(l45, r36)

2365174

2364175

1375264

13742651365274

1364275

1275364

12743651265374

2374165

2375164

1264375

(l12, r15) (l45, r47) (l23, r25)

(l45, r47)

(l67, r36) (l67, r36) (l12, r15)(l45, r47) (l12, r15)

(l45, r47)

(l12, r15)

(l67, r36)

(l23, r25) (l67, r36)

(l67, r36) (l23, r25)

(l45, r47)

(l23, r25)(l45, r47)

(l67, r36)

4517326

4516327

3527416

3526417 3517426

3516427

3427516

3426517

4527316

4526317

3417526

3416527

(l34, r15)

(l34, r15)

(l67, r47)

(l12, r36)

(l12, r36)

(l12, r36)

(l34, r15) (l67, r47)

(l12, r36) (l67, r47)(l34, r15)

(l45, r25)

(l45, r25)

(l67, r47)

(l12, r36)

(l45, r25)

(l67, r47)

(l12, r36)

(l67, r47) (l45, r25)

4562371

4561372

3572461

3571462 3562471

3561472

3472561

3471562

4572361

4571362

3462571

3461572

(l67, r36)

(l12, r47)(l67, r36)

(l67, r36)

(l67, r36) (l34, r15)

(l12, r47)

(l12, r47) (l34, r15)

(l12, r47)(l34, r15) (l67, r36)

(l45, r25)

(l45, r25)

(l34, r15)

(l45, r25)

(l12, r47)

(l45, r25)(l12, r47)

(l67, r36)

6714523

6713524

5724613

57236145714623

5713624

5624713

5623714

6724513

6723514

5614723

5613724

(l56, r15)

(l56, r15) (l34, r47)

(l12, r36)

(l12, r36)

(l56, r15)

(l34, r47)(l34, r47)

(l12, r36)(l34, r47) (l12, r36)

(l67, r25)

(l67, r25)

(l56, r15)(l12, r36)

(l67, r25)

(l34, r47)

(l67, r25)

(l34, r47)

(l12, r36)

6732541

6731542

5742631

57416325732641

5731642

5642731

5641732

6742531

6741532

5632741

5631742

(l56, r15)

(l56, r15)

(l12, r47) (l67, r25)

(l12, r47)

(l34, r36)

(l56, r15)

(l12, r47)

(l34, r36) (l12, r47)(l34, r36)

(l67, r25) (l34, r36)

(l56, r15)(l34, r36)

(l67, r25)

(l12, r47)

(l67, r25)(l12, r47)

(l34, r36)

7236145

7235146

7146235

7145236 7136245

7135246

1246735

1245736 1236745

1235746

7246135

7245136

(l12, r25)

(l12, r25) (l56, r47)

(l34, r36)

(l17, r15)

(l17, r15)

(l56, r47)

(l34, r36)

(l56, r47)

(l56, r47)

(l12, r25)

(l34, r36)

(l17, r15)

(l12, r25)(l34, r36) (l34, r36)

(l56, r47) (l34, r36)

(l56, r47)

(l17, r15)

7254163

7253164

7164253

7163254 7154263

7153264

1264753

1263754 7264153

7263154

1254763

1253764

(l12, r25)

(l34, r47)

(l12, r25)

(l56, r36)

(l56, r36)

(l12, r25)

(l17, r15)

(l34, r47)

(l34, r47)

(l56, r36) (l34, r47)

(l56, r36)

(l17, r15)

(l12, r25)

(l56, r36)

(l56, r36)

(l34, r47) (l17, r15)

(l34, r47)(l17, r15)

3457261

3451267

2467351

2461357

2457361

2451367

2367451

2361457

3467251

3461257

2357461

2351467

(l56, r36)

(l56, r36)

(l17, r47)

(l56, r36)

(l56, r36)

(l23, r15)

(l17, r47)

(l17, r47)

(l23, r15)

(l17, r47)

(l34, r25)

(l23, r15)(l17, r47)

(l34, r25) (l56, r36)

(l17, r47) (l23, r15)

(l34, r25)(l56, r36)

(l34, r25)

3416275

3415276

2476315

2475316

2416375

2415376

2376415

2375416

3476215

2315476

23164753475216

(l23, r15) (l56, r47)

(l56, r47)

(l17, r36)(l23, r15) (l56, r47)

(l23, r15)

(l56, r47)

(l34, r25)

(l17, r36)

(l17, r36)

(l34, r25)

(l17, r36)

(l17, r36)

(l17, r36) (l23, r15)

(l34, r25)

(l56, r47)

(l56, r47)(l34, r25)

5627431

5621437

4637521

4631527

4627531

4621537

4537621

4531627

5637421

5631427

4527631

4521637

(l45, r15)

(l45, r15)

(l23, r36)(l17, r47)

(l23, r36)

(l45, r15)

(l17, r47)

(l23, r36)

(l17, r47)

(l23, r36)

(l17, r47)

(l56, r25)(l56, r25)

(l56, r25) (l17, r47)

(l45, r15)

(l23, r36)

(l56, r25)(l23, r36) (l17, r47)

5613472

5612473

4673512

4672513

4613572

4612573

4573612

4572613

5673412

5672413 4513672

4512673

(l45, r15)

(l45, r15)

(l23, r47)

(l56, r25)(l45, r15)

(l17, r36)(l45, r15)

(l23, r47)

(l17, r36)

(l17, r36)

(l17, r36)

(l56, r25)(l17, r36)

(l17, r36) (l23, r47) (l23, r47)

(l56, r25)

(l23, r47)(l23, r47) (l56, r25)

7125634

7124635 6735124

67341256725134

6724135

6135724

6134725

7135624

7134625

6125734

6124735

(l17, r25)

(l45, r47)

(l23, r36)

(l23, r36)

(l67, r15)

(l23, r36) (l45, r47)

(l67, r15)

(l45, r47)

(l67, r15) (l23, r36)

(l17, r25)(l67, r15)

(l45, r47)

(l17, r25)

(l17, r25)

(l45, r47)

(l23, r36)

(l45, r47) (l23, r36)

7143652

7142653 6753142

67521436743152

6742153

6153742

61527436143752

7152643

7153642

6142753

(l17, r25)

(l23, r47)

(l45, r36)(l23, r47)

(l45, r36) (l17, r25)(l23, r47) (l67, r15)

(l23, r47)

(l67, r15) (l45, r36)

(l17, r25)(l67, r15)

(l45, r36)

(l45, r36)

(l17, r25)

(l23, r47) (l67, r15)

(l23, r47)

(l45, r36)






